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∞
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)
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( ∞
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( ∞
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∞
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∪
∞
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min{f(x0), g(x0)} = g(x0)7 9#, E = {x ∈ U : |min{f(y), g(y)} − g(x0)| < ε}7
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∞
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In, x0

)

− d
+
(

∞
⋃

n=1

In ∩ {x > x0 : f(x) < f(x0) − ε}, x0

)

≤

≤
1

2
+

1

4
c −

1

2
c =

1

2
−

1

4
c <

1

2
.

"#$($)*($ min{f, g} +, %*- .$%/*0 1($1*%'$(&%-20 *%-+%4*4, &- x05 6- )*22*7,

-#&- min{f, g} �∈ PD5 8$ #&9$ 1(*9$% -#&- +) g �∈ A: -#$% g �∈ MINPD5

;$%$ MINPD ⊂ A: 7#+# *<12$-$, -#$ 1(**)5

=1120+%> ?$<&(@ A: 7$ #&9$B

 !"!##$"%&

MAXPD = A.

'()!")* +& MINGPD = GPD ∩ {f : f  ! "##$%& '"()*+ *%,)$ !)' -%/( -

/0%0!}1

2$%%31 C$- g ∈ MINGPD5 ?$<&(@ A &%' C$<<&  +<120 -#&- g ∈ GPD &%'

g +, 2*7$( ,$<+D*%-+%4*4,5

C$- f, g : U → R: f, g ∈ GPD: x0 ∈ I &%' g E$ &11(*F+<&-$20 2*7$( ,$<+D

*%-+%4*4, &- x05 6) min{f(x0), g(x0)} = g(x0): -#$%

{y ∈ U : g(y) < g(x0) + ε} ⊂
{

y ∈ U : min{f(y), g(y)} < g(x0) + ε
}

&%' +) min{f(x0), g(x0)} = f(x0): -#$%

{y ∈ U : f(y) < f(x0) + ε} ⊂
{

y ∈ U : min{f(y), g(y)} < f(x0) + ε
}

)*( $&# ε > 05 6% E*-# &,$, x0 +, & 1*+%- *) 1($1*%'$(&%- '$%,+-0 +% .$%/*0

,$%,$ *)
{

y ∈ U : min{f(y), g(y)} < min{f(x0), g(x0)} + ε
}

)*( $&# x0 ∈ I &%' $&# ε > 0: E$&4,$ f, g ∈ GPD5

G% -#$ *-#$( #&%': -#$ ,$- {y ∈ U : g(y) > g(x0)−ε}∩{y : f(y) > f(x0)−ε}
+, *%-&+%$' +%

{

y ∈ U : min{f(y), g(y)} > min{f(x0), g(x0)} − ε
}

. H+%$

f ∈ GPD &%' g +, &11(*F+<&-$20 2*7$( ,$<+D*%-+%4*4, &- x0: 7$ #&9$

d
(

{y : f(y) > f(x0) − ε}, x0

)

>
1

2
&%' d

(

{y : g(y) > g(x0) − ε}, x0

)

= 1.



 !  !"#$%&"' ()'"*,-.

"#$%$&'%$

d
({

y ∈ U : min{f(y), g(y)} > min{f(x0), g(x0)} − ε
}

, x0

)

≥

≥ d
(

{y ∈ U : f(y) > f(x0)−ε}, x0

)

−d
(

R\{y ∈ U : g(y) > g(x0)−ε}, x0

)

≥

≥ d
(

{y ∈ U : f(y) > f(x0) − ε}, x0

)

.

($)$

lim
ε→0+

d
({

y ∈ U : min{f(y), g(y)} > min{f(x0), g(x0)} − ε
}

, x0

)

≥

≥ lim
ε→0+

d
(

{y ∈ U : f(y) > f(x0) − ε}, x0

)

>
1

2
.

+, &'--'./ ,#0, min{f, g} #0/ 1%'1$%,2 A1 3) 4$)5'2 /$)/$ 0, x06 73)$ x0 .0/

0) 0%83,%0%2 1'3), '& U 9 .$ #0:$ min{f, g} ∈ GPD6 "#$%$&'%$ g ∈ MINGPD6

"#3/ ';1-$,$/ ,#$ 1%''&6

 !"!##$"%&

MAXGPD = GPD ∩ {f : f  ! "##$%& '"()*+ ,##)$ !)' -%/( /,%,!}.

 !"!#!$!&

<=℄ ?6@6 A%BC)$%6 0 1)$)/( "( %/ %2 3)"* 4,/( %/!5 D$,B%$ E',$/ 3)

@0,#$;0,3/9 F'-6 !GH9 71%3)I$%9 A$%-3) =HJK6

<L℄ M6 N%0)O$6 P)$ %$;0%QB$ /B% -$/ &'),3')/ /B%10//$;$), '),3)B$/6 3)65

3%,'"/ ) 7"(85 9,$)! :##*59 '(9  KGR KJ9 =HKS6

<S℄ 76 T'.0-U2C6 V) 1%$1')O$%0),-2 '),3)B'B/ &B),3')/6 ; )/( <

=!!,)!> ?"/ 0@,A%!B C/ 6)$! (+  / DB�!(%8%F"> 7"(8)'"( !9 )*+9

JGRK!9 LWWH6


